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« f:A—> B onuaivet
- Nakdbe x € A,

yla kanolo otowxeio y = f(x) € B

f(x) = < atéppovn ektéleon
n eKTéNeON TEPUOATI{EL eyeipovTag kamola e€aipean

* Me Aoya:
“g@v n arnotipnon f(x) teppatiost kavovikd, tote f(x)e B”

* AnAadn, n npo6obeon de Ba EKTEAEDTEL OE PO EKPPACH
NG popeng F(x)+3 eav n F(x) eyeipel kdnowa egaipean
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Emonpeiwosig TOTTwy (type annotations)

Mapdadeiypa eMONUEIWOEWY TUTTWV 0TV ML

- fun prod (a,b) = a*b;

val prod = fn - int * int -> int

» Nati int katoxL real ;

* A6TL 0 npoeniAeypévog Tunog (default type) Tou
aplOpnNTIKou TeEAEOTA * (ONwG Kat Twv +, —) gival

int * int -> int

* Av B€AoupEe va XPNOLUONOIACOUKE TN GUVAPTNON HE
opiopata tUnou real pnopoUpe va BaAoupe pia
unoonueiwan TUNOU OTA CUYKEKPLUEVA OPIOHATA
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- fun prod (a:real,b:real):real = a*b;
val prod = fn : real * real -> real

* Ol enonpewoelg TUNwv anotedolvtat and pa avw KATw
TeAeia Kat €vav TUNO Kat pnopouv va Unouv navtou

* 'OMAol Ta nopakdTw oplopoi eivat looduvagot:

fun prod (a,b):real = a * b;

fun prod (a:real,b) = a * b;

fun prod (a,b:real) = a * b;

fun prod (a,b) = (a:real) * b;

fun prod (a,b) = a * b:real;

fun prod (a,b) = (a*b):real;

fun prod ((a,b):real * real) = a*b;
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ZUVOPTAOEIG HETATPOTTAG TUTTWYV

- real 123;

val it = 123.0 : real
- floor 3.6;

val it = 3 - iInt

- str #"a";

val it = "a" : string

EVOwpOTWHEVEG OUVAPTAOELG LETOTPONNAG TUNWV:
- real (int - real),
- Floor (real — int), ceil (real - int),
- round (real — int), trunc (real — int),
- ord (char — int),
- chr (int —» char),

- str (char - string)
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Zovtagn TaIpIdoUATOG

» 'Evag kavovag €xel TNV napakdtw ouvtagn otnv ML:

|<rule> ::= <pattern> => <expression> |

» 'Eva taipiaopa anoteAeital and évav i neploodteEPOUg
KQVOVEG nou dlaxwpiovtal HeTagu Toug and ‘| :
[<match> ::= <rule> | <rule> "|* <match>]

* Xg éva Taiplaopa KaBe kavovag npeEneL va £xeL Tov dlo
T0no pe TNV €k@paon (expression) ato de&i HEPOG Tou
Kavova

» 'Eva Taipiaopa dev gival €kgpacn and pévo tou, aAAd
anoTeAei HEPOG dla@oépwv eKPpacewv TG ML
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Eke@pdosig case

Mapdadeiypa xpAong case

- case 1+1 of

= 3 => "three" |

= 2 => "two" |

= _=> "hmmm...";
val it = "two" : string

» 'Exouv Tn ouvtagn:

<case-expr> ::= case <expression> of <match>

* H ékppaaon case tng ML gival pua noAU 1oxupr) Sopn—Kat
avTiBeTa pE TIG NEPLOCOTEPEG AANEG YAWOOEG, HUNOPE( va
KAVEL NEPLOOOTEPA aNd anAf oUyKPLoN LE OTOOEPEG
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case list of

* H 1A autAg TG €K@paong eivat:
- TO TpiTO OTOIKEIO TNG AloTag lisSt, av n Aiota €xel
TouAdyloTov Tpia oToxeia, A
- T0 8elTepo aTolxeio TNG Aiotag av €xel pévo duo,
- TO NpWTO OTOoIXEio TNG AioTag list €dv €xel povo éva,
- o aképatog O €av n Aiota list eivat kevn.
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H ékppaon case givail pia yevikeuon g i f

Atrotiunon “BpaxukUkAwong” otnv ML

[if exp, then exp, else exp, |

case exp, of
true => exp, |
false => exp;

O1 300 napandvw ekPpdoelg eival IoOdUVAUEG

Me aAAa Adyia, €va i f-then-else gival pia €8IKA
nepintwon evég case
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- true orelse 1 div 0 = 0;
val it = true : bool

* Oiteheotég andalso kat orelse “BpaxukukAwvouv”
(short-circuit) otnv ML:
- Eav n ékppaon tou npwtou opiopatog Tou orelse anotipdtal
wg aAndng (true), n €kppaon Tou deUTEPOU deV ANOTIUETAL
- Mapdpoia, edv To npwto éplopa Tou andal so eival Yeudég

* Me Bdon 1o “ypdppa” Tng Bewpiag, dev eival npaypaTiKol
TEAEOTEG AAAG AEEELG KAEDLA

* AUTO d16TL, 0 pa yAwooa gav Tnv ML, 6Aol oL TEAEOTEG
anoToUV NAAPWS Ta opiopaTd Toug
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MoAupop@ikég CUVAPTAOEIG YIa AioTEg

*  Avadpopikr) ouvaptnon nou unoAoyidel To PAKOG WaG
AioTag (onoudnnoTe TUNou)

- fun length x =

= if null x then O

= else 1 + length (tl x);

val length = fn : "a list -> int
- length [true,false,true];

val it = 3 : int

- length [4.0,3.0,2.0,1.0];

val it = 4 : int

Znueiwon: n ouvaptnon length eivat pépog tng ML, ondte
0 Napanavw opLopoG eival NEPITTOG
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MoAupop@IoHOG Yia TUTTOUG IGOTNTOG

- fun length_eq x =

= if x=[] then O

= else 1 + length_eq (tl x);

val length_eq = fn : ""a list -> int

- length_eq [true,false,true];

val it = 3 : int

- length_eq [4.0,3.0,2.0,1.0];

Error: operator and operand don"t agree
[equality type required]

*  MetaBAnTég TUNWV nou apyiouv pe dUo anoaTpPdPous, 6nwg o * " a,
neplopiovtal o TUNOUG LOGTNTAG

* H ML oupnepaivel autdv Tov NEPLOPLOUO SIOTL CUYKPIVALE TN
HETOPRANTN X yla 106TNTA PE TNV KeVA AioTta. Auté e Ba oupBaive
€av eixape xpnowonowoet tn ouvBnkn null x avtiyw v x=[]
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ATr080TIKEG OUVOPTACEIG YIa AioTEG

* AvaoTtpo®n pog Aiotag

fun reverse nil = nil
] reverse (x::xs) = (reverse xs) @ [x1;

* Epwtnoeig:
- Méoo anodoTikA gival n ouvdptnon reverse?
- Mnopoupe va avaoTpEWouE Hia NioTa pe €va povo NEPAca;
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Mo arodoTIKA oUVAPTNON reverse

fun reverse xs
let
fun rev (nil, z2)

=z
| rev (y::ys, 2) =

rev (ys, y::z)
in

rev (xs, nil)
end;

1 3
2 = B = 2 = 2
[ |
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ZuvapTrioelg YynAng Tagng
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H A&¢n kAe&1di op

- op *;
val it = fn - in
- quicksort ([1,
val it = [1,2,3,

int —> iInt
2,5], op <);

t*
4,3,
4,51 - int list

* O1duadikoi TEAEOTEG eilval EOIKEG CUVAPTHOELG

* ‘OpwG PEPIKEG POPEG BENOUE VA TIG XPNOLHONOLCOUNE
gav KOWVEG OUVOPTHOELG: Yia NAPAdELYHa, VO NEPATOUNE
TOV TEAEOTA < oav 6plopa tunou int * int -> bool

* H A£EN KAedi op nptv and KAMOLo TEAEOTH ENOTPEPEL TN
avTigToln ouvaptnon
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TuvapTiioelg uwnARg Tagng

» Kda6e ouvaptnon €xel pia Ta€n (order):

- M ouvdaptnon nou dev naipvel GAAEG OUVAPTAOELG WG
NAPAPETPOUG KAl OEV ENOTPEPEL WG ANOTEAETHA LA GAAN
guvaptnon €xeL Tagn 1

- M ouvdaptnon nou naipvel GANEG GUVOPTAOEIS WG NAPAUETPOUG
) ENOTPEPEL WG ANOTEAETHA L GAAN oUVAPTNON €XEL TAEN N+,
6nou n gival n PEYIOTN TAEN TWV NOPAPETPWY TNG KAl TOU
anoTEAEOHATOG TNG

* Houvdaptnon quicksort nou poAG eidape ivat
ouvdptnon delTtepng TaENG
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MpoakTIKA €§doKNON

* TiTtdEewg eival ol guvapTtAoelg Tng ML pe toug
napokaTw TUNOUG
int * int -> bool
int list * (int * int -> bool) -> int list
int -> int -> int
(int -> int) * (int -> int) -> (int -> int)
int -> bool -> real -> string

* Tipnopoupe va noUpe yia Tnv TAgn TNG ouvapTNONG HE
TOV NApaKATwW TUNO;
(fa-> "b) * ("fc > "a) > "c > "b
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MpokaBopiouéveg cuvapTAOoElg UPNARG TAgNG

H ouvdptnon map

* TpPEIg ONUAVTIKEG NPOKABOPIOUEVEG OUVAPTAHOELG

UWNARG TaENG:
1. map

2. foldr

3. foldl

* Hfoldr kaun foldl eival napbépuoleg
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+ Eg@appdlel pua ouvaptnan oe kKGBe oTolXeio pag Aiotag Kat
EMOTPEPEL TA ANOTEAECUATA TNG EQAPHOYAG OE I VEQ AioTa

- map ~ [1,2,3,4];

val it = [~1,~2,~3,~4] : int list

- map (fn x => x+1) [1,2,3,4];

val it = [2,3,4,5] : int list

- map (fn x => x mod 2 = 0) [1,2,3,4];
val it = [false,true,false,true] : bool list
- map (op +) [(1.,2).(3.4).(5.6)];

val it = [3,7,11] : int list

- val ¥ = map (op +);

val ¥ = fn : (int * int) list -> int list
- F [(1!2)1(314)];

val it = [3,7] : int list
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H ouvdptnon foldr

Mapadeiypara xpRong foldr

* Zuvduddlel, HEOW UG OUVAPTNONG, OAA TO OTOIXEID HIAG
AioTag

* MMaipvel wg opiopata pa ouvaptnon f, pa apxikn Tiun ¢,
Kat pua AloTa X = [X, ..., X,] KOt unoAoyileL Thv Tn:

FOG O (G f(xg,e)) )

* [ napddetypa n KARoN:
foldr (op +) 0 [1,2,3,4]
anotipdtal og 1+(2+(3+(4+0)))=10
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- foldr (op +) 0 [1,2,3,4];

val it = 10 : int

- foldr (op * ) 1 [1,2,3,4];

val it = 24 : int

- foldr (op ™) " [“abc™,"def","ghi"];
val it = "abcdefghi™ : string

- foldr (op ::) [5]1 [1.2,3,4];

val it = [1,2,3,4,571 : int list

- foldr;

val it = fn - ("fa * "b -> "b) -> "b -> "a list -> "b
- foldr (op +);

val it = fn - int -> int list -> int
- foldr (op +) O;

val it = fn : int list -> int

- val addup = foldr (op +) O;

val addup = fn : int list -> int

- addup [1,2,3,4,5];

val it = 15 : int
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H ouvdprtnon foldl

Napadeiypara xpRong foldl

* Zuvduddlel, HEOW UG OUVAPTNONG, OAA TO OTOIXEID HIAG
AioTag (6nwg n Foldr)

* MMaipvel wg opiopata pa ouvaptnon f, pa apxikn Tiun c,
Kat pa AloTa X = [X, ..., X,] KOt unoAoyileL Tnv Tn:

F O F (g 0, F(xg,e)) )

* [ napddetypa n KARoN:
foldr (op +) 0 [1,2,3,4]
anoTipdtal og 4+(3+(2+(1+0)))=10

Inueiwon: H Foldr anotnénke wg 1+(2+(3+(4+0)))=10
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» H foldl apxiCet and apotepd, n Foldr and ta degd

* Duaoikd, dev undpyxel kanota dla@opd 6Tav n cuvaptnon
eival avakAaoTIKA Kal HETABATIKA, 6NwG N + Katn *

» Tl GAM\eg ouvapTAoEelg Opwg undpyetl dlagopd

- foldr (op 7) ™" [“abc,"def","ghi"];
val it = "abcdefghi™ : string

- foldl (op 7) ™" [“abc,"def","ghi"];
val it = "ghidefabc" : string

- foldr (op -) 0 [1,2,3,4];

val it = ~2 - int

- foldl (op -) O [1,2,3,4];

val it = 2 - int
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AnAwoeig TUTTwy Aedopévwv
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Oplopoi TOTTWV Sedopévwv

» [MpokaBoplopévog TUNoG, arAd éxtL npwTdyovog otnv ML
datatype bool = true | false;
* TapapETPIKOG KATAOKEUAOTAG TUNOU (parametric type

constructor) ywa NioTeg:

datatype "e list = nil
| :: of "e * "e list

* OpiCetaiywa Tnv ML otnv ML!
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Opiopoi TOTTWYV dedopévwv

» 'Exouv tn vevikn popon

datatype <name> = <clause> | ... | <clause>
<clause> ::= <constructor> | <constructor> of <type>

» [Mapadeiypata:
- datatype color = Red | Yellow | Blue
« otolxeia : Red, Yel low, kat Blue
- datatype atom = Atm of string | Nmbr of int
« otoieia : Atm(""a"™), Atm("'b"™"), .., Nmbr(0), Nmbr(1), ...
- datatype list = Nil | Cons of atom * list
« otoixeia: Nil, Cons(Atm(*a™),Nil),..
Cons(Nmbr(2),Cons(Atm(*'ugh™),Nil)), ...
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Opiopoi avadpopIKWV TUTTWV dedouévwv

datatype ’d tree = Leaf of °d
| Node of °d * °d tree * °d tree;

* Mapdadelypa otypidtunou dEvopou

Node(4, Node(3,Leaf(1),Leaf(2)),
Node(5,Leaf(6),Leaf(7)))

*  Avadpopikr) cuvaptnon Xprong Tou Tunou dedopévwv

fun sum (Leaf n) = n
| sum (Node (n,t1,t2)) = n + sum(tl) + sum(t2);
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AuoTtnpoé cloTnua TUTTWV

- datatype flip = Heads | Tails;

datatype flip = Heads | Tails

- fun isHeads x = (X = Heads);

val isHeads = fn : flip -> bool

- isHeads Tails;

val it = false : bool

- isHeads Mon;

Error: operator and operand don®t agree [tycon mismatch]
operator domain: flip
operand: day

* H ML eivat auotnpr og oxéon Pe Toug véoug TUNoug,
aKpIBWG 6nwg Ba nepuévape

* Xe avtiBeon n.x. pe Tig enum dnAwoelg Tng C, ot
AENTOUEPELEG TNG UAOMOINONG BeV gival epaveig aTov
NPOYPOUHOTIOTA
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KaTaokeuaoTéG EVAVTI CUVOPTHOEWV

- datatype exint = Value of int | Plusinf | Minusinf;
datatype exint = MinusInf | PlusInf | Value of int

- Plusinf;

val it = PlusInf : exint

- Minuslinf;

val it = MinusInf : exint
- Value;

val it = fn © int -> exint
- Value 3;

val it = Value 3 : exint

+ O Value gival évag KaTaoKeUao TG deSOPEVWY pE pia
NApPAUETPO: TNV TIUN TOU akepaiou int nou anobnkevel

» Asixvel oa guvaptnon nou naipvel évav aképato (int)
KOL ENOTPEPEL Evav exint Nou NEPLEXEL TOV AKEPALO
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Opwg évag Value dev gival int

KaTaokeuaoTég KAl TaipIOOHA TTPOTUTTWV

- val x = Value 5;
val x = Value 5 : exint
- X + X;

Error: éverloaded variable not defined at type symbol: +
type: exint

* 'Evag Value 5 gival €vag exint, 61 €évag akEpalog
(Int), napdTL epnepLEXEL Evav

* MnopouUpe va aVaKTACOUUE TIG NAPOUETPOUG EVOG
KOTOOKEUQQOTH XPNOWONOWWVTAG TAiplaopa NpoTunwy

» Katd ouvénela, o kataokeuaotig Value dev eival
OUVAPTNON: Ol KAVOVIKEG OUVOPTAOELG € Unopouv va

XpnowonoinBouv pe autov Tov TPONo wg NpoTUNA
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- fun square Plusinf = Plusinf

= | square MinusiInf = Plusinf

= | square (Value x) = Value (x*x);
val square = fn : exint -> exint

- square MinusInf;

val it = PlusInf : exint

- square (Value 3);

val it = Value 9 : exint

* Alaxelpl{opaote vEoug TUNOUG OEBOUEVWY E
OUVOPTACELG av TNV Nnapandvw nou opifovtal HEow
TAPLEOUOTOG NPOTUNWY

* Enedn évag exint givat eite Plusinf, 4 MinusInf, i
Value, n napandvw ocuvaptnon givat eEavTAnTIKA wg

npog To Taiplacua npotTunwv
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Xeipiopog e€aipéoewyv otnv ML

* Méow Tapldopatog NpoTUNnwy UNopoUpe eniong va
XEPLOTOUE ELAIPETELG

- fun square Plusinf = Plusinf

| square MinusInf = Plusinf

| square (Value x) = Value (xX*x)
handle Overflow => Plusinf;

val square = fn : exint -> exint

- square (Value 10000);

val it = Value 100000000 : exint

- square (Value 100000);

val it = PlusInf : exint

* Oa doUpe nepPloodTEPA YIa TIG ECALPEDTELG OTN Java
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‘Eva aképa mapdaderypa: bunch

datatype "x bunch =
One of "x |
Group of “x list;
* 'Eva "x bunch eival eite éva npdypa tdnou " x, €ite pa
Aiota and npdypata TUNou "X

» ‘Onwg ouvhBwg, n ML ocupnepaivel TUNoug autépaTa:

- One 1.0;

val it = One 1.0 : real bunch

- Group [true,false];

val it = Group [true,false] : bool bunch
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Mapdadeiypa: MoAUHOP@IKOG ZUPTTEPATHOG

Mapdadeiypa: Mn MoAupop@IKOg ZUPTTEPATHOG

» H ML pnopei va cupnepdvel noAupop@ikolg bunch
TONouG, aAAdG dev XPEIAZETAL NAVTA VA TOUG ENAUCEL
nAfPwG, 6Nwg yla napdadelypa oupPBaivel 6Tav oe autoug
neplappavovtatl Aioteg

- fun size (One ) =1

= | size (Group x) = length Xx;
val size = fn : "a bunch -> int
- size (One 1.0);

val it =1 - iInt

- size (Group [true,false]);

val it = 2 - iInt
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- fun sum (One x) = x

= ] sum (Group xlist) = foldr op + O xlist;
val sum = fn : int bunch -> int

- sum (One 5);

val it =5 : int

- sum (Group [1,2,3]);

val it = 6 : iInt

» Xpnawonotjoape Tov TEAeOTH + (wg 6plopa tng Foldr)
aTta oToleia Tng Aiotag

» Katd ouvénela, n ML pnopei va gupnepdvel 6Tt o TUnog
TNG NOPAUETPOU TNG ouvdapTnong sum eival int bunch
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AuTi ATav n ML

Kdatrola dAAa pépn Tng ML

* .. TouAdyloTov, 6An n ML nou 8a dolpe oTo padnua

* Duolkd, undpyouv Kanola PEpn akoua:

- Eyypogég (records) nou eivat oav Tig NAEGdeg aAG £xouv nedia
LE ovopaTa
« n.x. {name="Arnold", age=42} : {name : string, age : int}
- Mivakeg (arrays) pe oTolkeia Nou pnopouv va tpononondolv
- Avagopég (references) yia TIHEG nou pnopoUv va TpononotnBolv
- Xelpopog etaipéoewy (exception handling)
- Ynootnpgn encapsulation kat anékpuyng deS0UEVWV:
« structures: cUAN\OYEG anod TUNoug SeSoPEVWY + TUVOPTHOEWY
« signatures: interfaces ywa ta structures

« functors: KGTL 00 CUVOPTAOELG Ylo Structures, Nou GpwWG
ENTPENOUV PETABANTEG TUNWV KaL TNV avdBeon THWY
(instantiation) oTIg napapéTpoug Twy structures
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- API: the standard basis
« lMpokaBoplopéveg ouvapTAoeLg, TUMoL, K.AM.
« Kdnoleg and autég eival oe structures: Int.maxint,
Real .Math.sqrt, List.nth, k.An.

- eXene: pa BiBA0ORKN TNG ML yiao eQapUoyEG OE YPaQIKod
nepBailov X windows
- O Compilation Manager yia dlaxeiplon HeyaAUTEPWY projects
* AM\eg dldAekTol TNg ML
- O’Caml
- H enéktaon tng ML yia Tautoxpovioud (Concurrent ML - CML)
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ZUMPTTEPOACHATIKA VIO TIG CUVAPTNOIOKEG YAWOOEG

* H ML givat n poévn yAwooa nou Ba egetdooupe and Tig
OUVaPTNOLOKEG YAWOOEG NPOYPAUUATIONOU

* Xe autd TO €id0G NPOYPANUATIONOU, N EKTEAEDN YivETOL
HEOW aNOTIpHNONG EKPPATEWY KAL TALPLIECUATOG NPOTUNWY

* Edv oag apéoel autéd TO OTUA NPOYPAUHATIOHOU,
undpyouv Kat GAeG YAWOOEG yia eEepelivnon, 6nwg n
Lisp, n Scheme, n Haskell, n Clean kat n Erlang
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