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- f:A—> B onuaivet
- Na k&Be x € A,

yla kdnoto otoeio y = f(x) € B

f(x) = < aT€ppovn EKTEAEDN
N EKTEAEON TEPUATICEL eyEipovTag KAnola eEaipean

* Me Aoya:
“gdv n anotipnon f(x) teppatiost kavovika, tote f(x) e B”

* AnAadn, n npéoBeaon de Ba EKTEAECTEL O€ A EKPPACN
™G popeng F(X)+3 gdv n F(X) eyeipel kanowa eEaipeon
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Emionueiwoeig TOTTwy (type annotations)

Moapddelypa TICNMEIWOEWY TUTTWYV oThVv ML

- fun prod (a,b) = a*b;
val prod = fn - Int * int -> iInt
* [oTi Int kal 6xL real ;

* AOTL 0 NnpoeneypEVog Tunog (default type) Tou
apOUNTIKOU TEAEOTA * (ONWG Kal Twv +, —) ival
int * Iint -> int
* Av BEAouPE va XpNOLUOMNOL)OOUKE TN CUVAPTNON KE
opiopata tunou real pnopoupe va BaGAoupe pia
UNOCNKEIWON TUNOU OTA CUYKEKPIUEVA OPIOUAT
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- fun prod (a:real,b:real):real = a*b;
val prod = fn : real * real -> real

* Ol enonpewaoelg TUNwv anoteAouvTal and pa avw KATw
TeAEia Kal €vav TUNO Kal Hnopouv va Jnouv navtou

* '‘OMol Ta NapaKATW OPLOpOI ival Iooduvapot:

fun prod (a,b):real = a * b;
fun prod (a:real,b) = a * b;
fun prod (a,b:real) = a * b;

fun prod (a,b) = (a:real) * b;

fun prod (a,b) a * b:real;

fun prod (a,b) (a*b):real;

fun prod ((a,b):real * real) = a*b;
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2UVOPTHOEIG HETATPOTTG TUTTWV

- real 123;

val 1t = 123.0 : real
- floor 3.6;

val it = 3 :© Int

- str #"a'';

val 1t = "a" : string

EvowpaTtwpEVEG OUVAPTAHOELG LETATPOMAG TUNWV:
- real (int - real),
- floor (real — iInt), ceil (real — int),
- round (real — iInt), trunc (real — Int),
- ord (char — int),
- chr (int — char),
- str (char - string)

20vTagn TaIPIGOHATOG

» 'Evag kavovag €xel TNV napakAtw cuvtagn otnv ML:

<rule> ::= <pattern> => <expression>

* 'Eva Taiplaopa anoteAgital and €vav r] NEPLOCOTEPOUG

Kavoveg nou daxwpidovtal peTagu toug ano ‘|’ :

<match> ::= <rule> | <rule> "]" <match>

« 2€ €va Taiplaopa KABE Kavovag NpENEL va €XeL ToV idLlo

TUNO pE TNV €K@paon (expression) oto deEi LEPOG TOU
Kavova

* 'Eva taiplaopa dev gival Ekgpaon and pévo tou, aAAd
anoTeAel HEPOG dladpwy ekPpacewy TG ML

H yAwooa ML oe Babog 5 H yAwooa ML oe Babog 6
Ex@pdosig case Mapddelypa xpong case

- case 1+1 of case list of

= 3 => "three" | _ii_tc::_=c |

= 2 => "two" | _:ib::_=>1Db |

= _=> "hmmm..."; a::_ => a |

val it = "two" : string nil => 0

* 'Exouv tn ouvtagn:

<case-expr> ::= case <expression> of <match>

* H €kppaon case tng ML €ival pia noAu woxupr dopR—Kat
avTiBETA PE TIG NEPLOCOTEPEG AAAEG YAWOOEG, LNOPEL va
KAvel neploodTeEPa and anAr oUuyKpLon HE OTABEPEG
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H Ty autAg TNG €Kppaong ivat:
- To TpiTo oTOoIKEIO TNG AloTag N IST, av n Aiota £€xel TouAdxlOTOV Tpia
oTolxeia, A
- T0 deUTEPO OTOoIKEIO TNG AloTAG av n AioTa €xel pOvo dUO aTOoIXEID
- To npwTo atolxeio TNg Aiotag 1 ISt av €xel povo €va, N
- o aképatog 0 av n Aiota 11st givat kevn

Nbyw Tou TeAeuTaiou kavéva, n Aiota npénel va gival pia Aiota akepaiwy
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H ék@paon case gival pia yevikeuon tng it

ATroTtipnon “BpaxukukAwong” otnv ML

iIT exp, then exp, else exp;

case exp, of
true => exp, |
false => exp;

O1 dU0 napandvw eKPPACELS Eival LOOBUVAUEG
Me GAAa AoyLa, n ékgppaon | F-then-else gival e1dkA
nePiNTwon HaG EKQPaong case
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- true orelse 1 div 0 = 0O;
val 1t = true : bool

* Outeleotég andalso kat orelse “BpaxukukAwvouv”

(short-circuit) otnv ML:

- Eadv n ékgpaon Tou npwTtou opiopatog Tou orelse anotdtal
WG aAnBng (true), n EKPpacn Tou deUTEPOU BEV ANOTIATAL

- Mapopola, eav 1o Nnpwto 6plopa Tou andal so sival Yeudég

* Me Bdaon Tto “ypdupa” TnG Bewpiag, dev eival NpaypaTIKoi
TEAEOTEG OAAG AEEEIG KAEIDLG

* AUTO d10TL, o€ uia npébupn (eager) yhAwooa cav thv ML,
OAOL Ol TEAEOTEG ANOTIHOUV NAAPWG TA OPIOHATA TOUG
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NMoAupop@IKEG OCUVAPTHOEIG VIO AiOTEG

NMoAupop@iouég yia TUTTOUG I00TNTAG

*  AvadpOoIKA ouvapTNOoN Nou unoAoyidel TO UAKOG HLAG
AioTtag (onowoudnnoTe TUNOU)

fun length x =

= it null x then O

= else 1 + length (tl x);

val length = fn - "a list -> iInt
- length [true,false, true];

val it = 3 : iInt

- length [4.0,3.0,2.0,1.0];

val it = 4 - iInt

fun length_eq x =
if x =[] then O
= else 1 + length_eq (tl x);
val length eq = fn - ""a list -> int
- length_eq [true,false,true];
val it = 3 :© int
- length_eq [4.0,3.0,2.0,1.0];
Error: operator and operand don"t agree

[equality type required]

2npeiwon: n ouvaptnon length eival pépog tng ML, onodte

0 napandavw oplopog eival nEPITTOG
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*  MeTapANTEG TUNWY Nou apxi¢ouv pe dUO anooTPOPoug, 6NwWG o0 ™ "a,
nepopifovtal o€ TUNOUG LOOTNTAG

* H ML oupnepaivel autdv tov Neploplopd S10TL CUYKpivape Th
HETAPBANTH X yla 1l06TNTA PE TNV KEVA AioTa. Autd de Ba ouveBalve
€av gixape xpnowonotoel tn ouvenkn null x avtiyua v x=[].

H yAwooa ML og Ba6og 12




ATT0d0TIKEG OCUVAPTAOEIG YIO AICTEG

Mo amrodoTIK ouvdpTNOoNn reverse

*  AvaoTpo@r oG AioTtag

fun reverse nil =

nil
| reverse (x::xs) =

(reverse xs) @ [x];

+ EpwTthoeiG:
- [éoo anodoTIkA ival n ouvdpTtnon reverse ;
- MnopoUue va avaoTpEWPOURE UIa AloTa pE Eva POvo NEPATLQ;
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fun reverse xs
let

fun rev (nil, z2) =
| rev (y::ys, 2)

in

1IN

rev (ys, y::2)

rev (xs, nil)

end;

1 3
3 3 |1 3 |1 1
= B §E =
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2uvapTtioels YYPnAilg Tagng
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H AéEn kA&16i op

- Op *;

val it = fn - Int * Int -> Int
- quicksort ([1,4,3,2,5], op <);
val 1t = [1,2,3,4,5] - int list

* Ot 0uadikol TEAEOTEG cival EIOIKEG OUVAPTNOELG

OuwG PEPIKEG POPEG BEAOULIE VA TIG XPNOLLONOLO0ULE
OQV KOWVEG OUVOPTAOELG: Y NAPAdELYUA, VO NEPACOUUE
TOV TEAEOTA < oav Oplopa tunou int * Int -> bool
H AEEN KAEBl op nNplv and KANoLo TEAEOTA ENOTPEPEL TN
avTioTolxn ouvapTnon
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2UVAPTAOEIS UPNANG TAENG

MNMpakTIKA €§doKnon

+ Kd&Be ouvdptnon €xel pia Tagn (order):

- M ouvdaptnon nou dev naipvel GANEG OUVAPTAOELG WG
NOPARETPOUG KAl BEV EMNOTPEPEL WG ANOTEAECUA IO GAAN
ouvaptnon €xel tagn 1

- Muw ouva@ptnon nou naipvel GANEG CUVOPTHOELG WG NAPAUETPOUG

f EMNOTPEPEL WG ANOTEAECUA LG AAAN ouvapTnon €XEL TAEN n+1,

onou n givat n p€ylotn TadEn Twv NAPAPETPWY TNG KAl TOU
ANOTEAEOHATOG TNG

* H ouvaptnon quicksort nou poAG eidape eival
ouvapTnon deUTEPNG TAENG

- quicksort;
val it = fn :
(fa list) * ("fa * "a -> bool) -> "a list
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* TLTd&ewG gival ol cuvapTnoelg NG ML pe toug
NAPAKATW TUNOUG;
int * int -> bool
int list * (int * Int -> bool) -> Int list
int -> Int -> iInt
(int -> Int) * (int -> iInt) -> (int -> iInt)
int -> bool -> real -> string

* TiLpnopoUuE va NOUKE Yia ThV TAEN TG ouvapTnongG He
TOV NOAPOKATW TUNO;
(fa -> "b) * (fc > "a) -> "c -> "b
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NMpokaBopiouéveg cuvapTAOEIS UYPNARS TASNG

H ouvdaprtnon map

* TpEIG ONUAVTIKEG NPOKABOPIOUEVEG CUVAPTAOELG

UYPNANRG Tagng:
1. map
2. foldr

3. foldl

« Hfoldr katn foldl givat napdpoleg
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» E@apudlel pua ouvaptnon o€ KABe oTolXeio pag Aiotag Kat
ENOTPEPEL TA ANOTEAECHATA TNG EQAPHUOYAG OE HLa VEQ AiOTO

- map ~ [1,2,3,4];

val it = [~1,~2,~3,~4] : int list

- map (fn x => x+1) [1,2,3,4];

val 1t = [2,3,4,5] - int list

-map (fn x => x mod 2 = 0) [1,2,3,4];
val 1t = [false,true,false,true] : bool list
- map (op +) [(1,2),(3,4),(5,6)];

val 1t = [3,7,11] : int list

- val T = map (op +);

val £ = fn : (int * 1Int) list -> int list
- T [(1.2),(B.D]:

val 1t = [3,7] - iInt list
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H ocuvdptnon foldr

Mapadeiyparta xpyong foldr

» 2uvduddlel, HEOW HIOG OUVAPTNONG, OAQ TA OTOLKEID LLaG
AioTag

* [aipvel wg opiopata pa cuvaptnon f, pa apxtkn T c,
KOl pa Aiota X = [Xy, ..., X,] KOt UNMOAOYICEL TNV TIWN:

PO OG- F (G (X, e)))

* [a napadetypa n KARoN:
foldr (op +) 0 [1,2,3,4]
anotwartat og 1+(2+(3+(4+0)))=10
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- foldr (op +) O [1,2,3,4];

val it = 10 : int

- foldr (op * ) 1 [1,2,3,4];

val 1t = 24 - int

- foldr (op ™) " ['abc™,"def","'ghi'];
val it = "abcdefghi' : string

- foldr (op ::) [5] [1.2,3.4];

val 1t = [1,2,3,4,5] - int list

- foldr;

val it = fn : ("a * "b -> "b) -> "b -> "a list -> "b
- foldr (op +);

val it = fn :© int -> int list -> int
- foldr (op +) O;

val 1t = fn - int list -> int

- val addup = foldr (op +) O;

val addup = fn - int list -> int

- addup [1,2,3,4,5];

val it = 15 : int
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H ocuvdpTtnon foldl

NMoapadeiypata xpyong foldl

» 2uvduddlel, HEOW HIOG OUVAPTNONG, OAQ TA OTOLKEID LLaG
Aiotag (6nwg n foldr)

* [aipvel wg opiopata pa cuvaptnon f, pa apxkn T c,
KOl o AMiota X = [Xy, ..., X,] KOt UNOAOYICEL TNV TIUN:

P0G F e (G f (%, 0)) )

* [ napadetypa n KAQoN:
foldl (op +) 0 [1,2,3,4]
anoTdatal og 4+(3+(2+(1+0)))=10

Znueiwon: H Foldr anotniénke wg 1+(2+(3+(4+0)))=10
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« Hfoldl apyxileLand aplotepd, n Foldr and ta degia

+ QuolKg, dev undpxel kanota dlagopd dTav n ouvapTnon
gival aVTIHETABETIKI KOl NPOCETALPLOTIKI, ONWG oL + KaL *

» [0 GAAEG OUVOPTAOELG OUWG UNAPXEL dlaopd

- foldr (op ) "' ['"abc',"def","ghi"];
val i1t = "abcdefghi™ : string

- foldl (op ) "™ [“abc',"def","ghi"];
val i1t = "ghidefabc™ : string

- foldr (op -) O [1,2,3,4];

val it = ~2 :© iInt

- foldl (op -) O [1,2,3,4]:

val 1t = 2 :© iInt
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AnAwoeig TOTTwY Agdopévwv
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Opiopoi TUTTWYV dedouévv

» [1pokaBoplopEvog TUNOG, aAAG OxL npwTtoyovog otnv ML

datatype bool = true | false;

* TapapeTPIKOG KOTAOKEUOOTAG TUNOU (parametric type
constructor) yla AMioTeg:

datatype “e list = nil
| ::

of "e * "e list

* OpiCetal yua tnv ML otnv ML!
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Opiopoi TUTTWYV dedONEVWIV

« 'EXOUV TN YEVIKI] LOPOT]

datatype <name> = <clause> | ... | <clause>
<clause> ::= <constructor> | <constructor> of <type>

* [lapadeiypata:

- datatype color = Red | Yellow | Green

» otolxeia : Red, Yellow, kat Green
- datatype atom = Atm of string | Nmbr of int

« otolkeia : Aem(*'a™), Atm(*'b™), .., Nmbr(0), Nmbr (1), ...
- datatype list = Nil | Cons of atom * list

» gtoxeia: Nill, Cons (Atm "a'", Nil),..

Cons (Nmbr 2, Cons (Atm "‘ugh™,Nil)), ...
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OpIoHOoi aVAdPOHIKWY TUTTWV OESOHEVWYV

datatype ’d tree = Leaf of °d
| Node of °d * d tree * ’d tree;

* [Tapddelypa oTyIOTUNOU OEVOPOU

Node(4,Node(3,Leaf(l),Leaf(2)),
Node(5,Leaf(6),Leaf(7)))

® @ o

*  AvadpouIKA ouvapTnon XPHoNG Tou TUNOU dEOOUEVWV

fun sum (Leaf n) = n
| sum (Node (n,tl,t2)) = n + sum(tl) + sum(t2);
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AuoTtnpé cuoTnua TOTTWV

KaTaoKeuaoTEG EVAVTI CUVAPTACEWV

- datatype flip = Heads | Tails;

datatype flip = Heads | Tails

- fun isHeads x = (x = Heads);

val isHeads = fn : flip -> bool

- IsHeads Tails;

val it = false : bool

- iIsHeads Mon;

Error: operator and operand don"t agree [tycon mismatch]
operator domain: flip
operand: day

* H ML givalr auotnpr o€ ox€on e Toug VEOUG TUMNOUG,
aKPLBWG 6nwg Ba neplpévape

* 2g avTiBeon n.x. pe TG enum dnAwoelg Tng C, ol
AEMNTOPEPELEG TNG UAONOINONG dEV gival EPPAVEIG OTOV
NPOYPAUHATIOTH
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- datatype exint = Value of int | Plusinf | Minuslinf;
datatype exint = Minusinf | PlusInf | Value of int

- PlusliInt;

val it = PlusInf : exint

- MinusiInf;

val 1t = MinusInf : exint
- Value;

val it = fn int -> exint
- Value 42;

val it = Value 42 : exint

« O Value gival £vag KOTAOKEUAOTNG OEDOUEVWY HE M
NOPAPETPO: TNV TN TOU aKEPAioU TNt Nou anobnkeuel

» Acgixvel oa ouvaptnon nou naipvel €évav akepato (Int)
KAl EMNOTPEPEL Evav exInt Nou NEPLEXEL TOV AKEPALO
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Opwg évag Value dev gival int

KaTaoKeuaoTEG Kal TAipIOCHA TTPOTUTTWYV

- val x = Value 42;
val x = Value 42 : exint
- X + X;

Error: overloaded variable not defined at type symbol: +

type: exint

* 'Evag Value 42 gival évag exint, OXL £vag akEPALOG
(Tnt), napdTL EUNEPLEXEL EvaV

* Mnopoupe va avakTOOULE TIG NAPAUETPOUG EVOG
KATOOKEUQOTA XPNOWONOWVTAG TAPLOOUA NPOoTUNWY

+ Katd ouvénelq, o kataokeuaothg Value dgv ival
ouvApTNON: Ol KAVOVIKEG OUVAPTAOELG OE pnopouV va

XpPnowonotndouyv pe autov Tov Tpdno wg npdtuna
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- fun square Plusinf = Pluslinf

= | square Minusinf = PlusiInf

= | square (Value x) = Value (x*Xx);
val square = fn : exint -> exint

- square Minusinf;

val 1t = PlusInf : exint

- square (Value 3);

val 1t = Value 9 : exint

*  AlaxelpllOPaO0TE VEOUG TUNOUG OEDOUEVWVY HIE
OUVAPTAOCELC oav ThV nNapandvw nou opiovtal HEow
TALPIAOUATOG NPOTUNWY

« Enedn évag exint gival eite Plusinf, i Minusinf, i
Value, n napandvw ouvaptnon €ivat EEAvVTANTIKN WG

NPOG TO TAIPLAOUA NPOTUNWY
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Xeipiopédg e€aipéoewyv ornv ML

‘Eva akopa mrapadeiypa: bunch

* Méow TaplaopaTog NPOTUNWY HNOPOoUUE €MioNG Va
XEPLOTOUUE ECAPETELG

fun square PlusInf = PlusiInft
| square Minusinf = Plusinf
| square (Value x) = Value (X*x)
handle Overflow => Pluslinf;
val square = fn : exint -> exint
- square (Value 10000);
val it = Value 100000000 : exint
- square (Value 100000);
val it = PlusInf : exint

* Oa doupe neplooOTEPA YIa TIG ECALPETEIG 0T Java
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datatype °"x bunch =
One of "x |
Group of "x list;

* 'Eva "x bunch gival eite €va npdypa TUNou "X, €iTE pIa
Alota and npdypata TUnou "X

* 'Onwg ouvnBwg, n ML oupnepaivel TUNOUG AUTOMATA:

- One 1.0;

val 1t = One 1.0 : real bunch

- Group [true,false];

val 1t = Group [true,false] : bool bunch
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Mapadeiypa: MNOAUNOPPIKOG CUNTTEPAOTHOG

Mapadeiypa: Mn TTOAUPNOPPIKOG CUNTTEPACTHOG

* H ML pnopei va oupnepdvel noAUpop@ikoug bunch
TUNouG, aAAG dev XpeldleTal NAVTA Va TOUG EMAUCEL
NAAPWG, 6NWG yia napadetypa cupBaivel 6tav o€ autoug
nepNappavovtal AioTteg

- fun size (One ) =1

= | size (Group x) = length Xx;
val size = fn - "a bunch -> int
- size (One 3.14);

val it =1 : int

- size (Group [true,false]);

val 1t = 2 © iInt
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- fun sum (One x) = x

= | sum (Group xlist) = foldr op + O xlist;
val sum = fn - i1nt bunch -> Int

- sum (One 5);

val it =5 : iInt

- sum (Group [1,2,3]);

val 1t = 6 - Int

« Xpnowonooape Tov TEAEOTH + (wg 6ptopa tng Foldr)
OTa OTOoLXEia TNG AloTag

+ Katd ouvénela, n ML pnopei va oupnepAdvel 0TL 0 TUNoG
NG NOPAKETPOU TNG ouvapTnong sum gival int bunch
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Auti ATav n ML

* .. A TOuAdxwoTov, 6An N ML nou Ba doupe OTIG DIOAEEELG

+ OuOoIKd, undpxouv Kanowa pHEpn akoua:

- Eyypagég (records) nou eival oav Tig nAeddeg alAG €xouv nedia
pe ovouaTa
* n.x. {name=""Arnold", age=42} : {name : string, age : int}
- Tivakeg (arrays) pe oTOLXEIO NOU PNOPOUV va Tpononontouv
- Avag@opég (references) yla TIHEG MOU HNOPOUV va Tpononotnéouyv
- Xelplopog etapeocwv (exception handling)
- Ynoothpn encapsulation kat anékpuyng ded0OUEVWV:
* structures: UN\OYEG anod TUNoug dedOUEVWY + CUVAPTACEWY
* signatures: dlanpoownieg (interfaces) yla ta structures

+ functors: KATL 0a CUVAPTAOELG Yia structures, Nou OUWG
ENTPENOUV HETAPBANTEG TUNWV KAl TNV avaBeon THWY
(instantiation) oTIC Napap€TpPoUG Twy structures
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Kdatroia aAAa pépn tng ML

- API: the standard basis
* MpokaBoplopéveg CUVOPTAOELG, TUNOL, K.AM.
» Kanoleg ano autég eival o structures: Int.maxInt,
Real .Math.sqgrt, List.nth, K.An.

- eXene: pa BiBABRKN TNG ML yia epappoyEg o ypagikod
nepBaiiov X windows
- O Compilation Manager yia diaxeipion peyaAUTEpPWY projects

* AM\eg dldAekToL TNG ML
- Objective Caml (OCaml) 1}.9«Cam_
- H enéktaon ™ng ML yia tautoxpoviopo (Concurrent ML - CML)
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2UMTTEPOOHATIKA VIO TIG CUVAPTNOIOKES YAWOOEG

* H ML gival n poévn yAwooa nou Ba eEetdcoupe and TiG
OUVAPTNOLAKEG YAWOOECG NPOYPAUUATIOHUOU

* 2€auTo TO €i00G NPOYPAUUATIONOU, N EKTEAEON YiveETAL
HEOW ANOTIKNONG EKPPACEWV KAl TAPLAOUATOG NPOTUNWY

» Edv 0ag ap€oel autd TO OTUA NPOYPAUUATIONOU,
unNAapxouV Kat AAAEG YAWOOEG Yla €EEpeUVNON, ONWG N
Lisp, n Scheme/Racket, n Haskell, n Clean kai n Erlang
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